IloXutponn

NOAYTPOMH APMONIA
" TAZH HMEPHZIOY TYMNAZIOY
HMEPOMHNIA ANAPTHZHZ:17-05-22
2° NPOTEINOMENO AIATQNIZMA
EZETAZOMENO MAOGHMA:MAGHMATIKA

OEQPIA

1o OEMA OEQPIAZ

i.  Tuovopaletal HOVWVULO; TL ovoualeTal CUVTEAEOTHG, KUPLO MEPOC Kal BaBuog evog
povwvupou; Nota povwvupa Aéyovtal avtiBeta;
ii.  No SLoTUTIWOETE Ta KpLTRpLa LooTNTAg SUO TPLYWVWV.
iii. Noa ypaeTe Ta AvVamMTUYUATA TOUG KAL VO OITOSELEETE TIG TAUTOTNTEG:

a. (OL+B)2=
b. (oc—B)3=

iv. MNote 6Vo moAUywva eival opola; Me Tt LooUTal 0 AOyoG TwV MEPIUETPWY SUO OUOLWV
TIOAUYWVWV;

<

Moleg aAyeBPIKEC TOPAOTACELG OVOUAlOVTaL PNTEG;

20 OEMA GEQPIAZ

i.  Tiovopaletal kevo oUVoAo; TL ovopdletal Eévwon 6Uo cuvoAwv A, B; Tt ovopdZeTal Toun
600 ouvohwv A,B; Tt ovoudletal CUUTMANPWUE EVOC CUVOAOU A w¢ TPoG £va Baotkd
ouvoho Q;

ii.  No SLOTUTIWOETE Ta KPLTHpLa LoOTNTOG OpBoyWVIWY TPLYWVWV.

iii.  Tiovopaletal moAVWVULO; TL ovopdleTal TAUTOTNTO,

iv.  Na ypapete 10 MPOCNHO TWV TPLYWVOUETPIKWY aplBuwv plag aupAeiag ywviag. Na
VPAYETE TIC OXEOCEL TOU OUVOEOUV TOUG TPLYWVOUETPLKOUG aplOpols Twv
TIAPATIANP W LOTIKWY YWVLWV.

AZKHZEIZ

OEMA 10

Alvetal tpiywvo ABI pe B =4[ ko BIl' = 105°, 6mou | to onueio TounG Twv SIXOTOUWY TWV

YWVLWY ]§, r (I: ékkevtpo).
Al. Na BpeBoUv Ta PETPO TWV YWVLWY TOU TpLlywvou ABT.

A2. Na amodeitete 0tL n BA ival n pecokaBetog tou Al, 6mou A To GnElo TTOU N TPOEKTAON
Tou Bl TépveL tnv AT.

TEAOZ 1HX ANO ENNEA (9) JEAIAEX
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A3. Av K onueio tng Al kat A onpeio g AB tétola, wote

1
AK = Z - AI" kat AK kaBeto otnv Al. Na amodeitete otL:

i. Toonuelo A eival péoo tng AB.
ii. Totplywvo AAB eival loomAeupo.
L. Av 0 Adyog Tou epPadou tou tplywvou AKA mpog To euBadov tou tplywvou BAT

elval loog pe Kk, va Bpebel n TLun tou K.

OEMA 20

B1. Na amodeiete tnv TawtoTnTA:

(a+B)’ —(a—B) =28(a—PB) +4oB(a+B).

B2. Av oL mpaypatikol aptBuoi x — 1 kot y — 1 eivat etepdonpuol, va anodeifete O0tL 0 aplOpog
Xy + 1 elval HikpOTEPOC TOU aPLlOUOU X + .

B3. Aivovtat ta moAuwvupa: A(X) = X(X —1)°(x +1)* B(X) =x(x +1)(x -1)°

AX)
B(x)’

i. Tl TIOLEG TIHEC TOU X Sev oplleTal n KAAoUOTIKY aAyeBpLK mapdoTaon:

ii. Na AuBei n €iowon: A(X)—3- B(X) =0, émou A(x), B(x) Ta moAuwvupa ou

Silvovtal mapanavw.

TEAOZ 2H> ANO ENNEA (9) 2ENIAE2
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OEMA 30

M. No AUOETE TIC TAPOKATW EELOWOELC:

X24+x—6=0 wou 2x*-5x+2=0

2. Alvetal To TpuvUpo: o - X2 —4X+A%, 6rou o givat n kowr AUon Twv mapamdvw
eflowoewv (epwtnua ).

2-X% —AX +\?

Na Bpebel To A, WOTE TO TPLWVUHO va EXEL pia SUTAN AUon. ITn cuvEXeLa, va Bpelte tn SuTAn
autn Avon.

3. Na AuBel to mapakdtw cvoTnUA:

X=3+y
Xy’ +3x =7

3x® —4x® —B5x +2
3x-1

r4. Na amAomnotnBei n mapaotaon:

TEAOZ 3H> ANO ENNEA (9) 2ENIAE2
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NOAYTPOMH APMONIA
" TAZH HMEPHZIOY TYMNAZIOY
HMEPOMHNIA ANAPTHZHZ :17-05-22
2° NPOTEINOMENO AIATQNIZMA
EZETAZOMENO MAOGHMA:MAOGHMATIKA
ZYNOAO ZEAIAQN:... ENNEA (9)..

AYZEIZ MPOTEINOMENQN OEMATQN

AUOELG OTLC QLOKAOELG.

OEMA 10

Alvetal tplywvo ABT pe B =4[ ko BIl = 105°, omou | to onueio ToUNG Twv SLXOTOUWY TWV
YWVLWV ]§, r (I: ékkevtpo).

Al. Na BpeBouv Ta PETPA TWV YWVLWV TOU Tplywvou ABT.

Zto tpiywvo BIA

A

21A"+ f+g =180°

4T+2105°+T'=360°  apa BT =120°
5. _150° BAT =30°
r=30°
A2. Na amodeifete otL n BA gival n pecokdBetog tou Al, 610U A TO ONUELO TTIOU N TPOEKTAON

Tou Bl TépveL tnv AT.

To tpiywvo ABT eival loookehég, adol £xeL SUo ywvieg loeg, dpa n Siyotopoc amnd tnv kopldn

TOU €lval KAl LECOKAOETOC TNG ATEVAVTL TAEUPAC.

1
A3. Av K onpelo tng AT kat A onpeio tng AB tétola, wote AK = Z -AT" kot AK kaBeto otnv

AT. Na amodeitete otL:

TEAOZ 4HX ANO ENNEA (9) JEAIAEX
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i. To onueio A gival péoo tng AB.

210 tpiywvo AAB to K eivat to péoo tng AA katto AK ivat mapdAAnAo otn BA, adol KA kaBetn
otnv Al kot BA kaBetn otnv Al emiong, apa petagl Toug mapAAAnAEG.

Apa, To A elval To péoo tng AB. (eldikn) mepintwon tou 0.0.)

ii. To tpiywvo AAB eival LodmAeupo.
210 opBoywvio Tpiywvo ABA n AA eival SLApecog pog TV unoteivouoa, Gpa LooUTAL E TNV

AB A
AB = T KL emeldn n ywvia ABA =60° , to tpiywvo AAB givat loomAgupo.
jii. Av o Aoyog tou guBadol Tou TpLywvou

AKA mtpog to epBadov tou tplywvou BAT
glval loog e K, va Bpebel n TLun Tou K.

Ta tpiywva AKA kot BAT eival opola pe AOyo opolotnTag

1

Ka 24T , P o
—=———=—.0 Moyog twv eppfadwv bUo0 OpoLWV
Al 1 2

EAF

1
TPWYWVWY LooUTal He TO AOYO OMOLOTNTAG Toug €lg Tnv Seutépa. Apa, K=Z

OEMA 20

B1. No amodeiete tnVv TovtoTNTA!

(0 +B)’ —(a—B)* =28 (. =PB)” +4ap(a+p)

Auéhog = o’ +3a’B + 3ap’ +B° - (0(3 ~3a*B+3ap’ - Bs) =
= o’ +30°B+ 3B’ +B° — o’ + 30’ — 3ap? +p° =

=60’B + 2B°

Buéhog = 2B(a—B)” +4ap(o+B) =

= 2[3(0(2 - 203+ BZ) +40°B+4ap’ =

=20’B—4ap’ +2B° + 4B + 4o’ =

=60°p +2p°

Apa : A péroc =B pérog

B2. Av oL mpaypatikol aptBpoil x — 1 kat y — 1 eivat etepdonuol, va anodeifete O0TL 0 aplOUog
Xy + 1 glval HikpOTEPOC TOU aPLlOUOU X + .

TEAOZ 5H2 ANO ENNEA (9) 2ENIAE2
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Oua eAgyéoue TO TPOONLIO THG SLAPOPAC TOUG:
(Xy+D)—(X+y)=xy+1l-x—-y=xy—xX+1l-y=x(y-1)—-(y-1) =
=(y-1)(x-1) <0, dapa
Xy+1l<X+y

B3. Aivovtat ta moAugvupa: A(X) = X(X —1)°(x +1)* , B(X) =x(x+1)(x -1)°

A(X)

i It TTOLEG TIUEG TOU X Sev oplleTal n KAAOUOTIKY aAyeBpLK mapdotaon: m ;
X

Mo x=01n1n -1 610TL oL TYHEG aUTEG UnSevilouv TOUC MAPAVOLOOTEG

ii.  NaAuBein efiowon: A(X)—3- B(X) =0, 6mou A(x), B(x) ta moAuwvupa mou
Slvovtal mapamnavw.

A(X)-3-B(x)=0<

X(X -1)°(x +1)* = 3x(x +1)(x-1)° =0 =
Xx(x -1)*(x +D[(x+1) -3 =0 <=
X(X-1)’x+D(x-2)=0<

x=0

Il
-

I
|
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OEMA 30

M. Na AUOETE TIG TAPAKATW EELOWOELG:

X2 +x—6=0 wor 2x*-5x+2=0

TEAOZ 6H> ANO ENNEA (9) 2ENIAE2




X*+x-6=0<

X?—2x+3x-6=0<

X(x-2)+3(x-2)=0<=

xX-2)(x+3)=0<
X=2

X=-3

AUvovtal Kat pe Alakpivouoa
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2x* -5x+2=0<

2x* —4Xx-x+2=0<
2X(X—2)-(x-2)=0<
x-2)(2x-1)=0<=

[2. Alvetat to Tpuvupo: o-X> —4X +A%, érou o eivat n kown AVon Twv mapandvw

eflowoswv (epwtnua M). Na Bpebeito A, WOTE TO TPLWVURO Vo EXEL Hia STAR AUaon. 2tn

OUVEXELQ, va Bpeite Tn SUTAN autr Avon.

To Tpubvupo yivetat 2- X% —4x + A2

Mo va £xel pio SmAR pila mpémnel n Slokpivouod Tou va eivat ton pe to undév:

A=0&

B’ —day=0<=

(-4’ -4-2. =0
16-8\* =0
16=8\° <
2=\ &

A=+2

H 8uthn pila gival: X = _—B :+—4 =1
200 4

TEAOZ 7H> ANO ENNEA (9) 2ENIAE2




3. Na AuBel to mapakdtw cuoTNUA:

x=3+y(1)
{xy2 +3X :7(2)}
(2) ©(B+y)y*+3(3+y)=7<
W +y+9+3y=7T<
Y +3y +3y+2=0<
VYV 42y 4y +3y+2=0<
Vi(Yy+2)+y* +2y+y+2=0
Y (y+2)+y(y+2)+(y+2)=0<
(Y+2)(y’+y+1) =0
y+2=0 y=-2
l <N =
y +y+1=0 advvartn 010t A=-3<0
y = -2 t6te x=1 dpa Aon (x,y)=(1,-2)

H

vy +3y’ +3y+2=0

yV 43y’ +3y+1+1=0
(y+1)’+1=0&
(y+)=-1le
y+l=-1l<
y=-2totex=1

Avon (x,y)=(1,-2)

3x® —4x? —5x +2

r4. Na amAomnotnBei n napdotacn:
3x-1

[Mpémer: x # %

TEAOZ 8H2 AMNO ENNEA (9) 2ENIAE2

Tponn
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3°—4x*—bx+2 _
3x -1 -
3 —x2—3x*—5x+2 _
3x-1 -
CXP(Bx-1)-(3x° +5x-2)
- 3x-1 -
xX*(3x-1) - (3x -1)(x+2) _
3x-1 -
(X -D(x*-x-2)
- 3x-1 -
= X*—X—2

TEAOZ 9HX ANO ENNEA (9) JEAIAEX




